ABSTRACT. Two point boundary value problems involving reflection of the argument are studied. The nonlinearity involved is allowed to cross asymptotically any number of eigenvalues of the associated linear eigenvalue problem as long as those crossings take place in subsets of sufficiently small measure.
I. INTRODUCTION.
This paper is devoted to the study of the two point boundary value problems and x"(t) + f(x(t))x'(t) + g(t,x(t),x(-t)) e(t), t [-1,1]
x(-1) x(1) O;
(1.1)
x"(t) + g(t,x(t),x(-t)) e(t) 
Using the fact that HI(-1,1) C([-l,l]) and the Wirtinger inequalities, [4] , 
(-i,i) with x' absolutely-continuous and x(-l)
x (1) O, we get on integrating by parts that We consider the following boundary value problem
We prove the following existence theorem for (3.1). x"(t) + f(x(t))x'(t) + l(t,x,(t),x(-t))x(t) + h(t,x(t),x(-t)) e(t),
We next apply Theorem IV.5 of Mawhin [5] to (3.5) in the manner applied by GuptaMawhin in [3] (see also Mawhin-Ward [6] ). To do this we need to verify that all possible solutions of the family of equations x(t)[x"(t) + f(x(t))x'(t) + {(1-)(r(t)+n) + %-(l(t,x(t),x(-t))}x(t) f(x(t))x'(t) + g(t,x(t)) e(t) Since, by our assumptions p (t)x(t) and p (t) belong to L2(-I,I), we have by Schwarz's inequality
x(t),x(-t))}x2(t) -{h(t,x(t),x(-t)) e(t)}x(t)]dt
and hence using (3.10) we have [e(t) x"(t) Idt)2 g P(t)x2(tldt 
Ix" ILl L L (3.12)
x"(t) +-fl(t,x(t),x(-t))x(t) + h(t,x(t),x(-t)) el(t) Clearly the equation in (3.9) is equivalent to the equation (3.14) and Using this in (3.12 [7] for the boundary value problem (3.24) for a result similar to Corollary 3, above.
The existence of a solution for the boundary value problem "(t) + g(t,x(t),x(-t)) Then the boundary value problem (3.25) has at least one solution for each L e (-I,I).
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